APXH 1HS SEAIAAS - NEO & TTAAAIO SYSTHMA
EOANAAHMOTIKES I HMEPHSION
NANEAAAAIKEE ESETASEIE
" TASHEZ HMEPHZIOY FENIKOY AYKEIOY KAI EMAA (OMAAA B')
NEMMTH 9 IOYNIOY 2016 - E=ETAZOMENO MAGHMA: MAOHMATIKA

MPOZANATOAIZMOY (NEO 2YZTHMA) & KATEYOYNZHZ (MAAAIO 2Y2ZTHMA)

2YNOAO ZEAIAQN: TEZZEPIZ (4)

OEMA A

A1l.

A2,

A3.

A4.

EoTtw pia ouvdptnon f opiopévn o éva didotnua A kal X, £€va E0WTEPIKO ONEIo
Tou A. Av n f mapouaialel Tomkd akpdTaTO OTO X, Kal gival Trapaywyiciyn ato
onueio auto, ToTE va amodeigete om f'(X,) =0.

Movadeg 7

Na dIaTuTTWOoETE TO KPITAPIO TTAPEUBOANG.

Movadeg 4

MoTe Aépe 6T n eubeia y = £ eival opIfOVTIa ACUUTITWTN TNG YPAPIKAG TTApAoTAONG

¢ ouvdptnong f oto +oo;
Movadeg 4

Na xapaktnpioere TIC TPOTACEIC TTOU aKoAouBouv, ypdeovrag oTo TETPpadid 0ag,
OiTTAa 1o ypduua mou avrioToixei oe KaBe mpdraon, n Aéén ZwaTto, av n mporacn
givar owaorn, n Adog, av n mporaon givai Aavlaouévn.

a) im @OV X =1y

x—0 X

B) Av f(x)= In|x| yia kaBe X # 0, 161e f'(X) =ﬁ yia ka8 X # 0.
X

Y) Av pia ouvdptnon f Sev eivar ouvexg oto X,, 1otE Nn f Bev eiva
TTapaywyioiun oT1o X, .
8) Ymdpxel TTOAUWVUNIKA ouvapTnon Baduol V = 2, n otroia £xel aoUPTITWTN.

g) Ta kade ouvaptnon f, ouvexn oto [a,B], 1oxver:
B
av Jf(x) dx >0, tore f(x) >0 oo [a,B].

Movadeg 10

TEAO> 1H> ATIO 4 YEAIAEX



APXH 2H> SEAIAAY - NEO & TTAAATIO XYSTHMA
EITANAAHITIKEY I" HMEPHZXIQN

OEMA B

AiveTal n ypa@ikn TapdaTtacn TG ouvdptnong f .

B1.

B2.

B3.

B4.

BS.

2 x~
Y’
Na Bpsite To Medio opiooU kal To oUVOAO Tiuwv TS f.
Movddeg 2
Na Bpeite, av uttdpxouv, Ta TTAPaKATw OpIa.
a) Iim1f(x) B) Iirr;f(x)
Y) Iirr15f(x) ) Iim7f(x) £) Iirr;f(x)
MNa Ta 6pla TToU OeV UTTAPXOUV VA QITIOAOYACETE TNV ATTAVTNOT 0AG.
Movadeg 7
Na Bpeite, av uTTApXOUV, Ta TTAPAKATW OpIa.
.1 1 .
a) lim— B) lim—— y) lim f(f(x
) xa2f(x) ) x—>6f(X) ) x—> 8 ( ( ))
Na aITioAoyrioETe TNV ATTAVTNON 0AG.
Movadeg 9
Na Bpeite Ta onueia ota otroia n f dev gival ouvexic.
Na aImloAoyAoEeTE TNV ATTAVTNON 0AG.
Movadeg 3

Na Bpeite Ta onpeia X, Tou Tediou opiopou TG f yia Ta omoia 1oxvel (X, )=0.
Na aITioAoyrioeTe TNV ATTAVTNON 0AG.
Movadeg 4

TEAO> 2H> AIIO 4 YEAIAEX



APXH 3H> SEAIAAY - NEO & TTAAATIO XYSTHMA
EITANAAHITIKEY I" HMEPHZXIQN

OEMA T
Aivetai n ouvdptnon f: R = R pe f(x) = x°.

M. Na amodei€ete 6m n f eivar ouvdptnon 1-1 (Yovadeg 2) Kai va Bpeite TNV
avTioTpo®n ouvapTnaon f (Hovadeg 4).
Movadeg 6
M2. Na amodeiete 611 yia kGBe X > 0 1oxver:
1
f(nux) > f(x—gx3).
Movadeg 9
3. ‘Eva onpeio M Kiveital katd pAkog Tng KaptmoAng Y = X°, X =0 pe X = X(t) ka
y =y(t). Na Bpeite oc moI0 onugio TNG KAPTTUANG O PUBWOS WETABOAAG TNG
teTaypévng Y(t) Tou M eivar icog pe 1o puBu6 peTaBoArg Tng TeTunuévng X(t), av
utroteBei 61 X'(t) > 0 yiakabe 1> 0.
Movadeg 4
r4. Av g:R — R sivai ouvexng kai dpTia ouvdpTnan, va UTTOAOYIoETE TO OAOKARPWHA
1
[£(x) g(x) dx .
-1
Movdadeg 6
©EMA A
Aivetal n ouvdptnon
[Inx
—+1 ,0<x<1
X
f(x)=9 1 X =1
In x
— X >1
(X -1

A1,

A2,

A3.

Na &ei€ete om n f eivar ouvexric oto (0,+00) (uovadeg 3) kai va Bpeite, av

UTTAPXOUV, TIG KATAKOPUQPEG QOUUTITWTEG TNG YPAQIKAG TrapAdoTaocng Tng f.
(Movadeg 2)
Movadeg 5

Na atodeigete 611 T0 X, = 1 €ival To povadiké Kpioiuo onpeio TNG f.
Movadeg 8

i)  Na amodeitete 61 n e€iowonf(X) = 0 éxer povadikn pia ato (0,+0).
(Movadeg 3)

TEAO> 3H> AIIO 4 YEAIAEX



A4,

APXH 4H> SEAIAAY - NEO & TTAAAIO XYSTHMA
EITANAAHITIKEY I" HMEPHZXIQN

ii) Av E cival o eufaddv Tou Xwpiou TTOU TTEPIKAEIETAl QTTO Tn YPOQIKA
mapdotaon g f, Tov dgova twv X kai Tig eubeieg X =1 kai X = X, 6TOU X,

n povadikn pila g €iowaong f(x) =0 ato (0,+00), va amodeigete 6TI

E_ -x? —2%,+2
2
(Movadeg 4)
Movadeg 7
Av F cival yia mapdyouoa tng f oto [1,+00) va amodeitete 6T
(x+DF(x) > xF(1) + F(x*), yiakaBe X > 1.
Movddeg 5

OAHTIEZX (yia Touc g€sTalouévouc)

210 €EWQPUAAO TOU TETPAdIOU Va YPAWETE TO €CETACOUEVO UABNPA. XTO ECW@PUAAO
TMAVW-TTAVW VO OCUPTTANPWOETE TA ATOMIKA OaG OToIXEid. ZTNV apXn Twv
ATTOAVTACEWV O0G VA YPAWETE TTAVW-TIAVW TNV NUEPOMNVIa Kal TO €EETAlOMUEVO
MABnua. Na pnv avTiypdyete 1a BEuata oTo TETPADIO KAl VO [N YPAWETE TTOUBEVA
OTIG ATTAVTHOEIG 00 TO OVOUA 0OG.

Na YPAWETE TO OVOUATETTWVUUS 0AG OTO TTAVW PEPOS TWV QWTOAVTIVPAPWY APECTWS
MOAIGC cag TTapadoBouv. TuxOov oOnMEIWOEIS Oag TTAvw oTa Bépara dev Ba
BaBuoAoynBouv og kKapia TrepiTrTwWon. Katd Tnv amoxwpnon oag va TTapadwoETe
Madi JE TO TETPADIO Kal TO puTOAVTiYPAQQ.

Na amraviioeTe oTO TETPAdIO 0ag o€ OAA Ta BEUATA POVO UE PTTAE 1] MOVO E PAUPO
OTUAG e peAavi Tou dgv ofrvel. MoAUBI emITpETTETAI, MOVO av TO {NTAEI N EKYWVNON,
KAl MOVO YIa TTIVOKEG, OlayPAUMaTA KATT.

KdBe atrdvrnon €moTNPOVIKA TEKINPIWKEVN €ival ATTOOEKTH.

Aidpkeia €ETaong: TPEIG (3) WPES META TN SIAVOUN TWV QWTOAVTIYPAPWV.

Xpdvog duvathg atroxwpnong: 18.30

2AZ EYXOMAZTE KAAH EMITYXIA

TEAOZ MHNYMATOZ

TEAO> 4H> AIIO 4 YEAIAE>



